Abstract. We answer a question of Alas, Tkačenko, Tkachuk and Wilson by constructing a connected locally pathwise connected Hausdorff space in which the Sorgenfrey line can be densely embedded.
For each q ∈ H set
Clearly, for every λ ∈ Λ, there are countably many γ ∈ Γ such that λ γ = λ. Now for every γ ∈ Γ choose a countably generated open filter G γ on S finer than F λγ so that, for every λ ∈ Λ, the family {G γ : γ ∈ Γ, λ γ = λ} is totally Hausdorff separated, i.e., for every γ such that λ γ = λ, there is a A γ ∈ G γ such that {A γ : γ ∈ Γ, λ γ = λ} is a cellular family (an easy proof of the existence of the family {G γ : γ ∈ Γ, λ γ = λ} can be found in [4] ).
Set Y = Ω×]0, 1[, and for every y = (ω, r) ∈ Y and any > 0, let us denote by
Put T = R ∪ Y and let τ * be the topology on T generated by the base {A * : A ∈ τ }, where A * is the subset of T characterized by the following properties:
We claim that T, endowed with the topology τ * , is a connected locally pathwise connected (and hence pathwise connected) T 2 -space in which S is densely embedded.
Clearly S is a dense subspace of T.
To check that T is connected and locally pathwise connected it is enough to show that A * is pathwise connected for every A ∈ τ . First let us show that for every ω = (n,
and f ω is continuous at 0. Similarly it can be shown that f ω is continuous at 1. Therefore f ω is a path. Now let us show that for every A ∈ τ and x, y ∈ A * there is a path in A * between x and y. (B(n k , i k ) ∪ B(n k+1 , i k ) ) * (and hence in B * k ). Since {B * n : n ∈ N} is a base for T at y and, for every n ∈ N, all but finitely many f ω k are contained in B * n , it is possible to find a path in A * between x and y.
is a path, we may assume that y ∈ Γ. If B * is a neighbourhood of y, then there is > 0 such that B ∈ G γ for each γ ∈ [y − , y + ] ∩ Γ, in particular B ∈ G y . Now if B is a countable base of G y , then {B * : B ∈ B} is a local π-base of T at y . Arguing as in the previous case we can find a path in A * between x and y. Now it remains to show that T is a Hausdorff space. So let us consider two distinct points x and y in T. 
2) x ∈ R and y = (ω, r) ∈ Y . It is easy to see that there are a sufficiently small > 0 and
Since F 1 and F 2 are free filters, there are
3) x = (ω, r), y = (ω , r ) ∈ Y , with ω = ω . Take > 0 and F i ∈ Φ for every i ∈ {1, 2, 3, 4} so that:
} is Hausdorff separated, we can choose A i ∈ F i for every i ∈ {1, 2, 3, 4} in such a way that the family 
Since the family {G γ : γ ∈ Γ, F ⊂ G γ } is totally Hausdorff separated, take 
